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ABSTRACT
Generally, there are three primary methods in vacuum metrology: mercury manometer, static expansion method, and continuous
expansion method. For the pressure below 10 Pa, the idea of the primary standard is that the gas is measured precisely at a pressure as
high as possible, and then the gas is expanded to the bigger volumes; this allows to calculate the expanded pressure. An important
parameter that needs to be taken care of in primary vacuum calibration methods is the compressibility factor of the working gas. The
influence of virial coefficients on the realization of primary standards in vacuum metrology, especially in the realization of the static
expansion method is very important. In this paper we will present the measured data for virial coefficients of three gases Helium, Argon
and Nitrogen measured at room temperature and a pressure range from 3 kPa to 130 kPa. The dominating term due to real gas
properties arises from the second virial coefficient. The influence of higher orders of virial coefficients drops rapidly with lower pressure,
particularly for gas pressures values lower than one atmosphere. Hence, in our calculation, the series of real gas was used for the first
and second virial coefficients but not for higher-order virial coefficients.
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1. INTRODUCTION

𝑍=

The deviations of real gases from ideal gas behaviour are best
seen by determining the compressibility factor [1]:
𝑍=

𝑃 𝑉𝑚
,
𝑅𝑇

(1)

where 𝑃 is the pressure, 𝑉𝑚 (𝑉/𝑛) is the molar volume, 𝑇 is the
temperature, and 𝑅 is the universal gas constant. At low
pressures and high temperatures, the ideal gas law can adequately
predict the behaviour of natural gas. However, at high pressures
and low temperatures, the gas deviates from the ideal gas
behaviour and is described as real gas. This deviation reflects the
character and strength of the intermolecular forces between the
particles making up the gas. Several equations of state have been
suggested to account for the deviations from ideality. A very
handy expression that allows for deviations from ideal behaviour
is the virial equation of state [2]. This is a simple power series
expansion in either the inverse molar volume, 1/𝑉𝑚 ,:
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𝑝 𝑉𝑚
𝐵
𝐶
=𝐴+
+ 2 + ⋯,
𝑅𝑇
𝑉𝑚 𝑉𝑚

(2)

or the pressure, 𝑝,:
𝑍=

𝑝 𝑉𝑚
= 𝐴′ + 𝐵′ 𝑝 + 𝐶 ′ 𝑝2 + ⋯,
𝑅𝑇

(3)

with 𝐴, 𝐴’- first virial coefficient, 𝐵, 𝐵’- second virial coefficient,
𝐶, 𝐶’- third virial coefficient. All virial coefficients are
temperature-dependent. According to statistical mechanics, the
first virial coefficient is related to one-body interactions, the
second virial coefficient is related to two-body interactions and
the higher virial coefficients are related to multi-body
interactions [1], [3]. The main goal of this experiment is to
determine values for the second virial coefficient B of gases
Helium, Argon and Nitrogen at room temperature. The second
virial coefficient has a theoretical relationship with the
intermolecular forces between a pair of molecules which can
provide quantitative information on these forces.
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Figure 1. Schematic illustration of the experimental setup. Valves 1, 2, 3 and
4 are installed between the chambers 𝑉0 , 𝑉1 , 𝑉2 , 𝑉3 and 𝑉4 . The capacitance
diaphragm gauge (CDG) is attached to the chamber 𝑉0 . A black rubber hosing
connects the gas regulator to valve 0 and a flexible metal hose is used from
valve 5 to the turbomolecular vacuum pump.

The results will serve the scientific community in the field of
metrology for the most accurate measurement standards in
vacuum metrology, in atomic physics will show the level of
interaction of atoms and molecules of certain gases, and in the
chemical aspect we will gain knowledge about behaviour of gases
at different pressures; in this way, it will be possible to obtain
information about the limit of transition from ‘ideal gas’ to ‘real
gas’ and vice versa.
2. EXPERIMENTAL SETUP
A schematic illustration of the experimental setup is shown in
Figure 1. Our system comprises five chambers (𝑉0 , 𝑉1 , 𝑉2, 𝑉3
and 𝑉4 ) of significantly different sizes, the volumes of which
have been determined by using the gas expansion method. The
vacuum isolation valves are installed between the chambers, and
a turbomolecular pump (HiCube Eco) is connected to valve 5. A
capacitance diaphragm gauge (CDG025D) is attached to the
chamber 𝑉0 to measure the precise pressure before and after
expansion. The whole experiment was performed under wellcontrolled ambient temperature in the air-conditioned
laboratory. In order to reduce the temperature drifts and
transient local heating during the working day, we kept all
electrical equipment (pump and lights) switched on at all times
(24 h/day). The average temperature was 296 K and the pressure
range was from 3 kPa to 130 kPa [4].
3. VOLUME DETERMINATION
To determine the volume of vacuum chambers, we must
know the value of one of the volumes. We measured the
geometrical dimensions of the known volume 𝑉0 by using a
calibrated caliper. A cylinder with radius 𝑟 and height ℎ has a
volume given by 𝑉0 = π 𝑟 2 ℎ. Using the dimensions of the
volume 𝑉0 we have calculated mean value of the volume 𝑉0 =
0.71 l with associate uncertainty 0.14 % for coverage factor 𝑘 =

Table 1. Mean value, standard deviation and uncertainty of volumes.
̅
𝒙
𝑉0 (l)

0.7100

𝜹

𝒖

9.61 · 10

-4

1.36 · 10-3

-5

8.71 · 10-4

𝑉1 (l)

0.0668

5.82 · 10

𝑉2 (l)

0.7879

2.04 · 10-3

2.59 · 10-3

𝑉3 (l)

0.1652

2.82 · 10-3

1.71 · 10-2

0.5416

10-3

1.01 · 10-2

𝑉4 (l)
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5.48 ·

1. All the uncertainties throughout this paper are given for
coverage factor 𝑘 = 1 [1], [4].
Therefore, to determine volumes 𝑉1 , 𝑉2, 𝑉3 and 𝑉4 we used
the static expansion method. In this method, the pressures
before and after the expansion are used for determining the
expansion ratio. The gas is first enclosed in the smaller volume,
then it is allowed to enter the larger volumes to expand under
nearly perfect isothermal conditions [5]. This procedure is
applicable only if the pressure after expansion can be measured
with about the same accuracy as the pressure before expansion.
Argon is used as a gas for this type of calibration, although
helium and nitrogen could also be used. The purity of the argon
gas was 5.0 𝑁 (99.999 %). The mean values, standard deviation
and uncertainty of volumes of the five vacuum chambers are
given in Table 1. The measurement uncertainty depends on the
ratio of volumes (pressures before and after expansions) [6].
4. COMPRESSIBILITY FACTOR
In this section, an analytical approach for calculating the
compressibility factor of gases is presented. In this experiment,
the gas was expanded four times in different volumes. The
experimental procedure can be described as follows. In the
beginning, all valves are opened and the entire system is pumped
down to less than 10−5 Pa. Valves 2, 3, 4, 5 are closed, valves 0,
1 are opened and gas comes out very quickly into 𝑉0 + 𝑉1 . With
the left hand, a knob has adjusted the regulator to fill the system
at a pressure of a little over 130 kPa. The pressure is monitored
for a few minutes until is stable, then is recorded as 𝑝1 . The
ambient temperature T is also recorded. Then valve 2 is opened
and the gas expanded into 𝑉0 + 𝑉1 + 𝑉2 . Again, after
equilibrium, the pressure is recorded as 𝑝2 . Then valve 3 is
opened and gas is expanded into 𝑉0 + 𝑉1 + 𝑉2 + 𝑉3 . When
equilibrium is reached the pressure is recorded as 𝑝3 . For the
final measurement, valve 4 is left open and the gas expanded into
all volumes 𝑉0 + 𝑉1 + 𝑉2 + 𝑉3 + 𝑉4 . After the gas is expanded
in the entire system, pressure dropped below 3 kPa and is
recorded as 𝑝4 . This procedure is repeated nine times, and the
equilibrated pressures are recorded at each stage [7], [8]. For
pressure measurements, we have used CDG025D with an
uncertainty of 0.2 % [9].
Once each gas transfer pressure is measured, the volumes and
temperature are also known, we need only the number of moles
of gas to find directly its compressibility factor 𝑍. From the
general gas equation, we obtain the expression for the amount of
substance:
𝑛=

𝑝 𝑉 𝑇0
𝑇 𝑃0 𝑉0

(4)

where 𝑇0 is the standard temperature, 𝑃0 is the standard pressure
and 𝑉0 is the molar volume at STP [1].
After we obtained the complete data set 𝑃, 𝑉, 𝑇 and 𝑛, the
compressibility factor is calculated by using equation (1). Plots of
compressibility factor (𝑍) as a function of inverse molar volume
(1/𝑉𝑚 ) for (a) Helium, (b) Argon and (c) Nitrogen are
presented in Figure 2. For these real gases in the graphs, we
notice that the shapes of the curves look a little different for each
gas, and most of the curves only approximately resemble the
ideal gas line at 𝑍 = 1 over a limited pressure range [10]-[12].
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Table 2. Mean value, standard deviation and
𝑨 and 𝑩 coefficients for Helium, Argon and Nitrogen.

(𝑎)
1,00127

𝑥̅

𝑦=𝑍

1,00125

𝐻𝑒

1,00123

𝛿

of

𝑢
10-5

1.00120
1.16 · 10-5

1.26 ·
2.33 · 10-7

4.22 · 10-6
7.78 · 10-8

𝑥̅

𝛿

𝑢

1,00121
1,00119
1,4

2,4

3,4

𝐴𝑟

4,4

𝑥 = 1/𝑉𝑚
(𝑏)

𝐴
𝐵 (m3 /mol)

uncertainty

𝐵

𝐴
/mol)

(m3

0.99871
-1.61 · 10-5

1.63 ·
3.75 · 10-7

5.42 · 10-5
1.24 · 10-7

𝑥̅

𝛿

𝑢

0,99905
0,99895

𝑁2

0,99885

𝐵

10-4

10-5

0.9998
-5.1 · 10-6

𝐴
/mol)

(m3

1.25 · 10-5
2.41 · 10-8

3.75 ·
7.25 · 10-8

𝑦=𝑍

0,99875
0,99865

6. DISCUSSION

0,99855

In Table 3, the experimental values obtained in this work for
second virial coefficients are compared with values from the
literature [1], [13]-[17]. It can be seen the experimental results
show good agreement with the data in the literature.
According to the above results, it is possible to make the
following considerations:
a. The compressibility factor of helium is greater than 1, which
shows that repulsive forces dominate between molecules
and atoms. Whereas for argon and nitrogen the value of Z
is lower than 1, in this case, the attractive forces are stronger
(Figure 2).
b. At room temperature, the second virial coefficient is
positive for helium and negative for argon and nitrogen
(Figure 3).

0,99845
1,4

𝑦=𝑍

(𝑐)

2,4

3,4
𝑥 = 1/𝑉𝑚

4,4

0,99989
0,99987
0,99985
0,99983
0,99981
0,99979
0,99977
0,99975
1,5

2,0

2,5

3,0
3,5
𝑥 = 1/𝑉𝑚

4,0

4,5

Figure 2. The compressibility factor, Z, as a function of inverse molar volume
(1/𝑉𝑚 ) for (a) Helium, (b) Argon and (c) Nitrogen.

(𝑎)

1,22E-05

5. RESULTS
5.1. Calculation of Virial Coefficients

At low pressures, e.g. below two atmospheres, the third and
all higher virial terms usually may be neglected; hence, the
equation of state (2) becomes:

𝐵(m3 /mol)

1,20E-05

1,14E-05

𝐵(m3 /mol)

1

2

3

4

5

6

7

8

9

1

2

3

4

5

6

7

8

9

-1,45E-05
-1,50E-05

(5)

-1,55E-05
-1,60E-05
-1,65E-05
-1,70E-05

(𝑐) -4,80E-06
-4,90E-06

𝐵(m3 /mol)

Using spreadsheet software such as Excel, we plotted 𝑍 as a
function of 1/𝑉𝑚 for each trial. For each gas, some curvature is
observed, and we determined values for both the first (A) and
second (B) virial coefficients. Using the LINEST function in
Excel, we determined the values and standard deviations of the
slope and y-intercept in a linear fit. By properly combining values
of B and their uncertainties from multiple trials, an average value
of this coefficient and its standard deviation for each gas was
calculated [1], [3].
The mean value, standard deviation and uncertainty of the
first and second virial coefficients for these three gasses are
summarized in Table 2. Figure 3 shows values of the second virial
coefficient for (a) Helium, (b) Argon and (c) Nitrogen at room
temperature.

1,16E-05

1,12E-05

(𝑏)

𝑝𝑉
𝐵
𝑍=
= 𝐴+
+⋯
𝑛𝑅𝑇
𝑉𝑚

1,18E-05

1

2

3

4

5

6

7

8

-5,00E-06
-5,10E-06
-5,20E-06
-5,30E-06

Figure 3. Values of 𝐵 coefficient for (a) Helium, (b) Argon and (c) Nitrogen
at 296 K.
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Table 3. Comparison between experimental values of second virial
coefficients and literature values.
𝐵 in 10−6 (m3 /mol)

𝑇 (K)

Literature

This work

[5]

𝐻𝑒

𝐴𝑟

𝑁2

293
296
298
300

11.2 [14]
11.7 [13]
11.8 [15]
11.9 [17]

-16.9 [14]
-16.0 [13]
-15.8 [16]
-15.7 [1]

-6.1 [14]
-5.0 [13]
-4.5 [16]
-4.7 [1]

296

11.6

-16.1

-5.1

[6]

[7]
[8]

7. CONCLUSIONS
Based on the obtained experimental data, the pressure that is
generated in the primary pressure standard for these initial
pressure values must be corrected at most up to 0.005% since
the deviation of the real gas from the ideal behaviour is very
small. The gas with the smallest deviation from the ideal
behaviour was nitrogen with a correction of about 0.001%: based
on these results, we are going to use nitrogen in future calibration
procedures.

[9]
[10]

[11]

ACKNOWLEDGEMENT
The present work was partly financed by The Ministry of
Education, Science and Technology of the Republic of Kosovo
(MEST) for the project: Developing of primary metrology in the
Republic of Kosovo- Measurement of the compressibility factor
of noble gases and nitrogen. Most of the experimental equipment
was donated by the U.S. Embassy in Kosovo.

[12]

[13]

REFERENCES
[1]

[2]

[3]

[4]

J. M. H. Levelt Sengers, M. Klein, J. S. Gallagher, Pressurevolume-temperature relationships of gases; Virial coefficients,
National Bureau of Standards, Washington D.C. (1971). Online
[Accessed 14 March 2022]
DOI: https://apps.dtic.mil/sti/citations/AD0719749
T. D. Varberg, A. J. Bendelsmith, K. T. Kuwata, Measurement of
the compressibility factor of gases: A physical chemistry laboratory
experiment, Journal of Chemical Education (2011), art. 1591.
DOI: 10.1021/ed100788r
P. J. McElroy, R. Battino, M. K. Dowd, Compression-factor
measurements on methane, carbon dioxide, and (methane +
carbon dioxide) using a weighing method, J. Chem.
Thermodynamics 21(12) (1989), pp 1287-1300
DOI: 10.1016/0021-9614(89)90117-1
S. Avdiaj, J. Šetina, B. Erjavec, Volume determination of vacuum
vessels by gas expansion method, Metrology Society of India,
MAPAN 30 (2015), pp. 175-178.
DOI: 10.1007/s12647-015-0137-1

ACTA IMEKO | www.imeko.org

[14]

[15]

[16]
[17]

A. Kumar, V. N. Thakur, H. Kumar, Characterization of spinning
rotor gauge-3 using orific flow system and static expansion system,
ACTA IMEKO 9(5) (2020), pp 325.
DOI: 10.21014/acta_imeko.v9i5.993
C. Mauricio Villamizar Mora, J. J. Duarte Franco, V. J. Manrique
Moreno, C. E. García Sánchez, Analysis of the mathematical
modelling of a static expansion system, ACTA IMEKO 10(3)
(2021), pp. 185-191.
DOI: 10.21014/acta_imeko.v10i3.1061
K. Jousten, Handbook of Vacuum Technology, Wiley-Vch,
Germany (2016), ISBN 978-3-527-41338-6, pp 710-715.
DOI: 10.1002/9783527688265.ch2
John W. Moore, Conrad L. Stanitski, Peter C. Jurs, Chemistry_
The Molecular Science-Brooks Cole, Cengage Learning; 4th
edition (March 5, 2010), ISBN-10: 1-4390-4930-0, pp 440-150.
INFICON SKY CDG025D Capacitance Diaphragm Gauge on
Eurovaccum. Online [Accessed 20 April 2022]
https://eurovacuum.eu/products/gauges/cdg025d/
H. Boschi-Filho, C.C.Buthers, Second Virial Coefficient For Real
Gases At High Temperature, J. Phys. Chem. 73(3) 1969, pp 608–
615, art. 380.
DOI: 10.1021/j100723a022
R. Balasubramanian, X. Ramya Rayen, R. Murugesan, Second
Virial coefficients of noble gases, International Journal of Science
and Research (IJSR), 6(10) (2017). Online [Accessed 14 March
2022]
https://www.ijsr.net/archive/v6i10/ART20177192.pdf
C. Gaiser, B. Fellmuth, Highly-accurate density-virial-coefficient
values for helium, neon, and argon at 0.01℃ determined by
dielectric-constant gas thermometry, The Journal of Chemical
Physics 150 (2019), art. No. 134303.
DOI: 10.1063/1.5090224
B. Schramm, E. Elias, L. Kern, Gh. Natour, A. Schmitt, C. Weber,
Precise measurements of second virial coefficients of simple gases
and gas mixtures in the temperature range below 300 K, 95 (1991),
pp. 615-621.
DOI: 10.1002/bbpc.19910950513
A. Hutem, S. Boonchui, Numerical evaluation of second and third
virial coefficients of some inert gases via classical cluster
expansion, Journal of Mathematical Chemistry 50 (2012), pp
1262–1276.
DOI: 10.1007/s10910-011-9966-5
E. Bich, R. Hellmann, E. Vogel, Ab initio potential energy curve
for the helium atom pair and thermophysical properties of the
dilute helium gas. II. Thermophysical standard values for lowdensity helium, An International Journal at the Interface Between
Chemistry and Physics 105(23-24) (2007).
DOI: 10.1080/00268970701730096
D. W. Rogers, Concise physical chemistry, Wiley; 1st Edition,
March, 2011, pp 18-34, ISBN: 978-0-470-52264-6.
D. White, T. Rubin, P. Camky, H. L. Johnston, The virial
coefficients of helium from 20 to 300 K, J. Phys. Chem. 64(11)
1960, pp. 1607-1612, art. 774.
DOI: 10.1021/j100840a002

June 2022 | Volume 11 | Number 2 | 4

